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Chapter 1

Introduction

The objective of determining the constitutive parameters of a material
placed in a fixture can be accomplished by S parameter measurements
conducted by broadband network analyzers [1]. A common piece of ap-
paratus used in the measurements is a waveguide fixture. Traditionally
when a waveguide is used, its cross section is completely filled with a fixed
length of the material to be measured. A method of parameter determi-
nation is now desired where the technique used yields results which is not
significantly affected when the fixture is subjected to a high temperature
environment. Such an environment is likely to introduce error to a com-
pletely filled wave-guide due to temperature expansion of the material and
the waveguide itself causing air gaps between the fixture and material. Ac-
curacy may even be diminished when undesired air gaps already exist or
when there is not a sufficiently tight fit between the waveguide walls and the
material. Error correction formulas compensating for the air gaps have ap-
peared previously [2,3,4]. However, one is valid only for low loss dielectrics

and the other is merely an empirical formula.

An alternate method is investigated for the rectangular waveguide where

a known air gap exists between the waveguide walls and material sam-



ple [5,6,7]. The goal is to minimize the errors which occur due to limita-
tions in the accuracy of the dimensions of the material and change in the
dimensions caused by thermal expansion. Two different geometries are con-
sidered. The first geometry has the air gap oriented parallel to the shorter
wall. The other has the gap running parallel to the longer wall. The main
disadvantage of these alternate geometries is the increased complexity they
add to their S parameter expressions, thereby increasing the amount of time

in extraction of the proper set of constitutive parameters.

This report will first discuss the traditional method of extracting € and
u from S parameter measurements using fixtures with their sample region
completely filled [8]. This direct method does not work when the cross-
sectional region is not completely filled due to the presence of higher order
modes. An alternative approach is presented to accomphsh the £ and p
parameter extractlon process. Unlike the former approach exphc1t rela-
tlonslups between the material parameters and the S parameters are not
p0551b1e The latter approach is dependent upon an xteratlve techmque
(Newton Raph'son‘) to acqu]re the material parameters from the S parame-

ters through the use of an analytlcal model.

The presence of partially-filled cross-section requires a detailed field
analysis. Such a field analysis 1s described first for two rectangular waveg-
uide samples geometries followed by a parameter study for the S parameters.
Next, the actual iteration technique is discussed to obtain the constitutive
parameters from the measured S parameter data. This technique is applied
and demonstrated for two different measurement fixture configurations, i.e.,
a one port and two port fixture. The measured S parameters for the differ-
ent fixture configurations are examined and compared to expected values

based upon independent extracted values for ¢ and . This is followed by



a display of extracted parameter values using the developed techniques.
Finally, the conclusions of these methods for parameter determination and

suggestions for further exploration are given.



Chapter 2

Material Parameter Extraction
Using Waveguides

A common approach for parameter determination is to obtain reflection and
transmission measurements for a fixed length of material in a waveguide
fixture (coaxial or rectangular) with the fixture cross section completely
filled. The parameters extracted from such an approach are subject to error
from sample condition (homogeneity, dimensions and shape distortions) and
meaéurement haxiaware calibration. Examples of error rmagnjtude will be
presented for some of the errors. The error which occurs from a partially- -
filled fixture cross section is presented in the followinrgichiar.pter. The basic

equations used for such parameter extraction are presented here.

The S parameters S;; and S;; can be measured by automated broad-
band network analyzers in the frequency range where only the dominant
mode is able to propagate in the unfilled sections of the waveguide. These
measurements can be related to the reflection (s;;) and transmission (P)
coefficients of a material junction of semi-infinite length. The relationships

are

_(@a- P?(e,p))s11(e, 1)
A = T PR FA P 1)



and

_ (1 - "31(57#))19(5’#)
Sy = 1= Pie, p)s?, (e, 1) . (2.2)

The previous expressions can be rewritten to express 3;; and P in terms

of S;; and S;;. These expressions are

P = S11+ S21 — 811
1 —(S11 + S21)s11

and
311"—'K:{:VK2—1 (2.4)

where

zsfl_sgl'*'l

K
2511

(2.5)

The sign in Equation (2.4) is chosen to insure |s1;] < 1.

These new characteristics, s;; and P, can be related to the material

parameters. The relationships for a coaxial waveguide fixture are

P = e_j%Ve'“'d (26)
and
81 = —m=—— (2.7)

By

Note that ¢ = ¢,e, and g = p.u, where the subscript notation refers to

relative and free space values.

The corresponding relationships for a rectangular waveguide fixture are



P = e—jfxn/zrurd (2.8)

and

rXo g

e, X1
e = 2.9
N EER 29)

where X, = (/1 - (32)? and X; = ,/1 - (E—’l‘-—m)z with ), being the free
space wavelength, c the speed of light and a is the width of the rectangular

guide.

The final expressions for the constitutive parameters using a coaxial

waveguide are given by

pr = /TY : 7 7 (2.10)

and
_ /¥ '
&=z (2.11)
where
_ (14 -911)2 o R
z = (—1 — (2.12)
and
c 1°?
Y= {EEIH(F)} . (213)

The final expressions for the constitutive parameters using a rectangular

waveguide are given by



1+ 811 Ao
. = _ 2.14
a 1-— 311 AXO ( )

and
1 1 A2 :
€p = (Kz' + (—Z-a—)g) ; (2.15)
where
1 1, 112
- [ﬂln F] . (2.16)

Note that ln% is modulo j2mn where n is the integer of Ai’. The proper
value of n can be estimated with the integer value of
fe

n = Int [3;] | | (2.17)

where &' is the derivative (slope) of the phase for the transmission coefficient

P with respect to frequency and f is frequency.

An important aspect in parameter determination is the error occur-
ring from calibration and sample dimensions. The following examples are
for coaxial and rectangular waveguide fixtures with sample parameters of
e, = (4.0,—35.20) and p, = (1.2,—35.12) and a length of d=.3". Figures 2.1
through 2.4 illustrate error from the phase reference plane position for phase
offsets in S,;; corresponding to distances of .001” and .003". The error is

defined as

Extracted Value - Exact Value
% Error = Fract Value x 100%. (2.18)

The phase offset error (position) results in a comparable amount of error for

both fixture types with the imaginary component of € being very sensitive



to the position of the reference plane. Similar results also occur for the p

parameter.

Figures 2.5 through 2.8 illustrate the error when the sample length is
assumed to be .3" but is actually .302" for the solid curves and .298" for the
dashed curves. The fixtures perform differently in this case with the coax-
ial fixture yielding error which remains essentially constant with varying
frequency. The rectangular waveguide fixture has error which decreases as
frequency is increased. For both fixtures the error in extracting constitutive

parameters is not very sensitive to inaccurate sample lengths.

Other sources of error arise from other discontinuities occurring in the
measurement system. The best solution so far to eliminate or minimize
these errors lies in a calibration technique [9]. It is also advisable to use
a fixture with sufficient length to separate the returns due to the fixture
junctions from the sample return in the interior region of the fixture and

to insure that only the dominant mode is incident on the sample.
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Chapter 3

Partially-Filled Waveguides

Obtaining accurate € and p values from S parameter measurements using a
completely-filled waveguide geometry requires a tight fit between the dielec-
tric material and the walls of the waveguide. Alternate sample geometries
will now be explored where a known air gap is introduced between the
material sample and one of the walls of the rectangular waveguide. Two
different sample geometries for the dielectric sample are shown in Figure 3.1
which are of interest. The main motivation for considering these geometries
arises from a potentially less sensitive S parameter quantity. This sensitivity
could introduce error in the desired material parameters and would primar-
ily be due to air gaps between the sample and fixture walls. These air gaps
arise from errors in sample dimensions and thermal expansion. Reducing
the sensitivity of the S parameter measurements should facilitate the pro-
cess of extracting accurate values for the constitutive parameters. Another
motivation is the potential of increased flexibility in sample sizes these al-
ternate sample geometries may provide. A greater choice of measurements

exists because of the variety of material sample thicknesses possible.

Compared with the completely-filled case, the numerical acquisition of

the S parameters requires a significantly greater amount of numerical calcu-
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lation. Because explicit relationships between the constitutive parameters
and S parameters are not available, an iterative Newton-Raphson search is
used to extract € and p from a set of S parameter data. The search involves

iterating on £ and p until the following two functionals are driven to zero:

F = S} - sp | (3.1)
and
F, = S5 — S, (3:2)

The calculation of the S parameters themselves involves a modal expan-
sion of the FE and H field quantities in all three regions of the waveguide and
then matching the tangential field components at each material junction
(z=0 and z=d). The matching process is essentially a three dimensional

method of moments solution using entire basis functions.

The problem can be reduced to matching the fields at only one material
junction (z=0) if a self-consistent technique is employed (see Appendix A).
That is, the problem can be simplified to the semi-infinite case depicted in
Figure 3.2 [10]. The expressions for the S parameters of a two-port system

are then given by

S11 = [su1] + [s12][Plls22)[P) (I = [822][P][s22][P)) ™" [521] (33)

and

Sa1 = [812)[P] (I — [s22][P)[522][P]) ™" [s21]- (3.4)
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The variables s;; are the modal scattering matrices for the semi-infinite
geometry and [P] is the modal propagation matrix corresponding to length

d.

For the one-port case, the self-consistent expression for S;; is
S11 = [s11] + [812)[M'}{I — [32][M"]} " [521] (3.5)

where

M) = [P){[s22) = [l P2][P2)
(4 [sullPIP) 7 [s12] } (P2) o (36)

The variables [P,] and [P,] are the modal propagation matrices correspond-

ing to the lengths d and £, respectively.

I Field Expansions—Geometry A

The ;jerqui'red elements for trher scattering matrices [s;;] are obtained through
a modal matching technique for the field expansions in both regions. The
tangential field matching yields expansion coefficients for the expansion
mordes. Tht; expénsibn modes (TE, )-foi; VG>e<>)metry A in-a ,-rect-angular fixture

are given below.

Region 1
E,=(e* 4+ a,eM%)®, + i a,®, e (3.7)
n=2
and
H, = -—Y;(fz_r‘z - aler‘z)‘I)l + i an};@,‘er“’ (3.8)
n=2
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where

2 . nw
$, = —sin —z,
a a

2
I = (n_vr_) — k% and

a
4 P"
T TR
Region 1I

E, = Z b, ¥,e ™*
n=1

and
H, =- i b, Y, ¥, e
n=1
where
¥, =Csink,, for0<e <,

inkz t .
v, = Cﬁr%ﬁ?—_t) sink,, (a —z) fort <z <a,

2 _ 1.2 2 _ L2 _ 12
In = kc;,. - koef”f - kzu,. ko'

o — emeedB

ln—jzokour fOl‘OS:}St,
SO . .

on = Jz.5 fort<z<a

(3.9)
(3.10)

(3.11)

(3.12)

(3.13)

(3.14)

and C is a normalization constant. The constants k.,, and k., are found

using an iterative Newton-Raphson technique and satisfy the following tran-

scendental equation [5]

—k;,, coske, t sink, (a ~t) = p.ke,, sink,, t cosks,, (a—1t). (3.15)

Continuity of the field components is now imposed at the junction z=0.

Next the equations are multiplied by ¢, (¢ = 1,2,..., N) and integrated from

z=0 to z=a. The final matrix form of the solution is given in Appendix B.

22



II Field Expansions—Geometry B

For geometry B, because both TE, and TM, modes are excited, the expan-
sion modes for both tangential field components, y and z, are needed to
solve for the expansion coefficients. Below are the field expansions for this
particular geometry. See Appendix C for the definitions of the functions

and constants.

Region 1
E, = (eT* +aMe™)AzMol + 3 aMe™ 4,2} ], (3.16)
n=1
E., = Y (a¥B,+afCzE)0l ™, (3.17)
n=1

He = (—e™ 4+ aMe)4o2l + S (a¥ A, + af B, )®Le™*, (3.18)

n=1

H, = =Y dfC, 37, (3.19)

n=1
Region II

E, = S bMAMZMigIMe-m's ~(3.20)
n=0

E. = S (BMBMuIMew's L pECEZEIgIE-13), (3.21)
n=1

H, = -bMAMyMen" (3.22)
— S (WM AMGIM s 4 pEREGIE e (3.23)
n=1

H, = becf%\p?e—ﬁf'. (3.24)
n=1 t

: M Moy : -
The constants k) and k] satisfy the following transcendental equation [5]

and are found using an iterative Newton-Raphson technique:
Mo M M My
—k,, sin kgl’nt cosk,, (b—1t)=¢.k, cosk, tsin kgfn(b —1). (3.25)
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The constants kﬁn and kfo,. satisfy the following:

—kE coskl t sink] (b—1t)=p.kl sinkl t cos kZ (b—1t). (3.26)

As before, the continuity of the field quantities is imposed across the
junction z=0. The first and third equations are multiplied by @g (¢ =
0,1,...,N) and the second and fourth equations by ‘I)f (¢ = 1,2,...,N).
Next the equations are integrated from y=0 to y=b. The final matrix form

of the equations is given in Appendix C.

III Calculations

Computer software was generated to calculate S;; and 52:1 for the discussed
sample; Wg;o'rinre’tri’es, A and B. VT‘hé foillc;ﬁrmg plots dﬁmbnstra’t'e'ti’é sensi-
tiyities. for S;; and S,; for various gap dimensions rag,(igni@terig.l constants.
Additional plots are provided to demonstrate the error in extracting ¢ and
g when a gap is present in the S parameter data and processing this data

as if no gap were present.

~ The accuracy of the S parameters, of course, depeﬂ:nrd;sﬂ on the number of
‘terms or modes kept in the field expansions. The number of modes needed

to insure convergence is discussed in Appendix D.

IT11.1 Geometry A

Figures 3.3 and 3.4 illustrate S;; and S,; for ¢t = .2",.5",.7", and .9” in
an X-band fixture (.4"x.9”) when ¢, = (4.0,-35.20), p, = (1.2,—5.12) and

d=.3". The variation of S;; and S;; decreases rapidly as the guide becomes
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completely filled which indicates a small air gap to the short wall may not

be that critical.

Figures 3.5 and 3.6 illustrate S;; and Sy for ¢, = 2,5,8,11, and 14 in
an X-band fixture (.4;’x.9") when p, = (1.,—30.), t=.1" and d=.3". The
variation of S;; is quite sensitive for any loading and S;; would show more

variation if loss was present in the sample.

Figures 3.7 and 3.8 illustrate the error in rextracting the material pa-
rameters assuming the cross section of the waveguide is completely filled
but actually having an air gap along the short wall. The air gap is .002".
As anticipated, the error is very small or essentially zero since the electric
field in the air gap is polarized parallel to a conducting boundary and hence

is very small.

Figures 3.9 and 3.10 illustrate the error in extracting the parameters
assuming the dimension { = .490” for Geometry A but actually having an
additional air gap of .002”. The actual thickness of the material cross-
section is £ = .488"”. The error here is greater compared to when the
guide is nearly completely filled. The amount of error is more significant
in the imaginary components of the material parameters with ¢ reaching a

maximum of about 7%. The error in the real components remains under

1%.

Note that, in general, error in the extracted parameters is increased

where nulls occur in the S parameter data.
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d = .156". Geometry A but assumed completely filled.
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33



I11.2 Geometry B

In this section Geometry B will now be considered. Figures 3.11 and 3.12
illustrate S;; and Sy, for ¢t = .05",.1",.2",.3"” and .4” in an X-band fixture
(-4"x.9") when £, = (4.0,-7.20), p, = (1.2,—37.12) and d=.3". In contrast
to Geometry A, the variation in S;; and S;; remains somewhat sensitive
as the guide becomes completely filled. This indicates that a small air gap

along the long wall may still be critical.

Figures 3.13 and 3.14 illustrate S;; and S,; for g, = 2,5,8,11, and
14 in an X-band fixture (.4"x.9") when u, = (1.,—30.), t=.1" and d=.5".
The variation of the S parameters for Geometry B is similar to that of
Geometry A. S;, is very sensitive to any loading and S,; would vary more

if loss were present in the sample.

Figures 3.15 and 3.16 illustrate the error in extracting the material pa-
rameters assuming the cross section of the waveguide is completely filled
but actually having an air gap along the long wall. The air gap is .002".
It is seen that the error is significantly larger than if the air gap is along
the shorter wall. Whereas the error for an air gap along the shorter wall is
essentially zero (see Figures 3.7 and 3.8), the air gap along the long wall for
this case creates a maximum errrorrof 3.5% in Im(e). This is significant in
that when one desires to make measurements with a completely-filled guide,
a small uni;xtended air gapiailong ﬁhe lohg wali will alter the expécféd S pa-
rameter measurements which increases the difficulty in extracting accurate

constitutive parameters.

Figures 3.17 and 3.18 illustrate the error in extracting the parameters

assuming ¢ = .300” but actually having an additional air gap of .002" along
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the long wall. The actual thickness of the material was t = .298". It is seen
that the error can be very large for both the extracted ¢ and p parameters,
particularly in the imaginary components. In the lower end of the frequency
band (under 10 GHz), the error in Re(e) is slightly less than the error when
the guide is nearly filled while the error in p remained about the same. It
is anticipated that the most accurate parameter extraction for a partially-
filled waveguide occurs when the thickness of the sample along the shorter
wall is chosen such that the S parameters have the smallest dependency
upon t while keeping the dimension of the sample along the longer wall
as large as possible. In this case, the sample thickness was not chosen to

minimize the extraction error.
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Chapter 4

Parameter Extraction

The reflection and transmission characteristics of material samples in trans-
mission line fixtures allow the extraction of the constitutive parameters for
the material. As in(liicated in Chapter 2, simple closed-form expressions ex-
ist when the fixture cross section is completely filled in the sample region.
The only requirement on sample dimension is that the length should not be
in the region of A;/2 to avoid nulls in the reflection measurement. The pres-
ence of a null can potentially result in error due to a poor signal-to-noise

ratio.

The parameter extraction process is not as simple when the cross sec-
tion of the sample region is not completely filled. An iterative procedure
has to be initiated to acquire the constitutive parameters as indicated in
Chapter 3. This is a result of many modes being generated to satisfy the
required boundary conditions in the sample region. As before, the sam-
ple dimensions should not be in the vicinity of A,/2 to produce a null in
the reflected field. The guide wavelength of a partially-filled fixture is also
dependent upon the sample thickness in the cross section plane as well as
the constitulive parameters of the sample. The sample thickness should
be §ufﬁcient to produce Sy, ranrd Sa1 paramete:s ,w,ith, comparabl¢ dynamic

range. This occurrence will minimize the possibility of the reflected and
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transmitted fields not sensing the material sufficiently. It would be un-
desirable to extract constitutive parameters from measurements when the
reflected signal is too close to zero or the transmitted signal is too close to
unity. Reasonable choices for sample thickness and length can be obtained
from parameter studies as illustrated in Figures 4.1 through 4.4 as well as

Figures 3.3 through 3.6 and 3.11 through 3.14.

Note that in Figure 4.3 the amplitude as well as the phase of the Sy,
parameter changes significantly when the waveguide is nearly completely
filled (¢ ~ 0.4") for Geometry B. This indicates that one should avoid taking
measurements for the completely-filled case as a small, undesired air gap
along the longer waveguide wall would significantly alter the values of the
S parameters. This in turn would hinder the accuracy of the extraction pro-
cess of the constitutive parameters. As long as the air gap is large enough
and in the range of ¢t where both S parameters do not fluctuate greatly,
parameter extraction ought to be accurate. Also it may be assumed that
when taking measurements in the Geometry A configuration, significant er-
ror in the measured S parameters may occur because of a small unintended
air gap along the long wall. This is the case when the dielectric sample is

not sufficiently flush against the waveguide walls.

Geometry B may be the preferred geometry configuration provided that
the air gap along the long wall is sufficiently large and a small error in ¢ will
not significantly change the S parameters. This is suggested in Figure 4.1
where it is seen that a small air gap along the short wall does not alter the
S parameters as drastically as in Geometry B. Then it is assumed that any
small unintended air gap along the short wall will not significantly affect
the S parameter measurements and accurate parameter extraction should

occur.
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The following sections focus on the measured S parameters and ex-
tracted constitutive parameters for two different port configurations. The
material sample used in these examples was measured using a coaxial fix-
ture to obtain independent values for the constitutive parameters. These
material parameter values are shown in Figures 4.5 and 4.6. Representa-
tive values for these parameters are ¢, = (4.0, —5.20) and p, = (1.2, -5.12)
between 8 and 12 GHz. The samples were cut from a .156” thick slab of
material and were appropriately positioned in the X-band fixture for the
different geometiry configurations. The fixture used is illustrated in Fig-
ure 4.7. The calibration technique applied to the measured S parameters is
discussed in [9]. Note that an additional phase factor of e~7*s? was applied
to the S;. This accounts for the apparent increase of the fixture length
when the sample was inserted in the fixture. This phase factor is not re-

quired if the fixture length is physically increased by a sample holder.

Just how accurate the extracted parameters are depends, of course, on
the level of error terms in the S parameter measurements. Figures 4.8
through 4.11 demonstrate how much the accuracy of the extracted consti-
tutive parameters is affected by the level of error added to the S parameter
data for both geometry configurations. The level of the error term added

to the S parameters is defined to be
ERROR LEVEL dB = 20 log1g |S;;/ERROR LEVEL

It is seen that the percent error for the real part of complex ¢ and i remains
moderate as the error level increases. However for both geometries, the
imaginary components of the extracted permittivity and permeability suffer

greatly if the error level is not kept sufficiently low. Note that error levels
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of —20 and —40 dB represent S parameter error percentages of 10 and
1 percent, respectively. As seen before, a small error in the real part of
an extracted parameter results in a large error in the imaginary part. The
imaginary part of the material parameter is subject to larger errors because
the real part of the material parameter is much larger than the imaginary

part.
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I Two-Port Approach

Parameter extraction for the two-port case first requires the measurement
of the reflected and transmitted field quantities (i.e., S;; and Sy ) for a
sample-filled waveguide. After a calibration has been performed on the
measured data, the constitutive parameters for the sample may now be

obtained via an iterative two-dimensional Newton-Raphson technique.

Figures 4.12 and 4.13 show the measured S, and S;; data for Geome-
try A with sample dimensions { = .490” and d = .156". For comparison the
S parameters, calculated using the constitutive parameters of the coaxial
line fixture, are also plotted. It is seen that the calculated and measured
values are very similar for both S parameters except after about 11 GHz.
This indicates that the parameter extraction process should produce accu-

rate € and p values at frequencies below 11 GHz.

Figures 4.14 and 4.15 illustrate the measured and calculated S parame-
ter data for Geometry B with sample dimensions ¢t = .300” and d = .156".
Notice that around a frequency of 10.5 GHz the measured S;; begins to
diverge considerably from the expected calculated S,;. Also after 11 GHz
the measured S,; begins to differ significantly from the calculated values of
S,1. These discrepancies may be explained by the fact that there was not
sufficient contact between the sample material and the wall of the waveg-
uide. Also error in the calibration technique may have occurred. In any
case parameter extraction from these S parameter measurements for Ge-
ometry B cannot be expected to be accurate after around 10.5 GHz for this

particular case.

This Newton-Raphson method uses two functionals, F; and F3, which

consist of calculated and measured values of S;; and S,; and are defined as
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Fi = Si3(e, ) - ST (11)
and
By = S3(e, ) — ST, (4.2)

An initial set of values for ¢; and p; are used to find the calculated S;;

and S,; parameters. The next set of €;,; and p;,, are found using

giv1 = €&+ Aegy, (4.3)
Biy1 = pi+ A (4.4)
where
F.8n _ p 2R
Ag; = —ou ~ o (4.5)
FeE - RED
All'i — 175, 5 Ot (46)
and
en an
Be Bu o
J = . (4.7)
8F  8F;
8¢ Su

The iteration process is continued until both functionals are driven to
zero. The extracted set of constitutive parameters is then the values used

in the final iteration.

Figures 4.16 and 4.17 show the extracted e, and p, values, respec-
tively, for Geometry A from the set of measured data given in Figures 4.12
anrd 4.13. As expected because of the reasonable measured S parameter
values, the extracted values for € and p are fairly stable and accurate below

11 GHz, especially the real components. The imaginary components are
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not as accurate as the real parts, but it was shown earlier that the accuracy

of the imaginary components would be affected more significantly by noise.

Figures 4.18 and 4.19 show the extracted ¢, and u, values for Geome-
try B from the set of measured data given in Figures 4.14 and 4.15. Al-
“though the values for extracted ¢, are a little low, the values for extracted
M. are accurate throughout the frequency spectrum. This is true despite

the S parameters diverging from the calculated values after 11 GHz.

Parameter extraction'seems to have worked fairly well for both geome-
tries. The real part of the extracted values were around what they were
expected to be. But there was some inaccuracy in the imaginary parts of
the extracted constitutive parameters. This inaccuracy is a result of the
real part of the extracted values being much larger than the imaginary part.
Vectorially, a small angular change of the complex extracted value results
in essentially the same value for the real part (|e|cosa = |e| for small o)

while the imaginary part can experience dramatic changes (|¢|sin a = |e]a).
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Figure 4.20: Single-port fixture geometry.

II Single-Port Approach

The necessary S parameters for material parameter extraction can be ac-
quired from a two-port fixture. However, a single-port fixture may be used
to simplify the measurement process and requirements of fixture design at
elevated temperatures. For this simplification, additional signal processing
is required to recover the S;; and S;; parameters. Figure 4.20 illustrates
the single-port fixture geometry. The reflected field for this geometry can
be expressed as

e

E"=8,, - —F—————
1 14+ Sne‘ﬂﬁ"‘

(4.8)

;!vhén only the dominant mode can propagate in the air-filled pc;rtion of the
guide and f, is the propagation constant for that mode. It is important
to account for loss in the propagation constant, 8o, if the fixture itself has
sufficient loss. The self-consistent expression for this fixture geometry is
given in Appendix A which accounts for all modes in the air-filled portion
of the fixture. The other higher order modes are not of great importance

when the sample/short separation distance, £, is large.

Equation (4.8) contains the S parameter information required to de-

termine the material parameters. This expression is simply the geometric
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summation of all the multiple reflected and transmitted signals due to the
short in the fixture. Figure 4.21 illustrates the terms of this summation
in a time domain plot for a completely-filled waveguide cross section and
d = .156". The first signal (t=0) in this figure is simply S;; while the
second is —S2,. These desired quantities can be recovered from the total
reflected field through signal processing techniques. One technique is time
domain gating [11] which may be undesirable due to the small single mode
bandwidth available in waveguide fixtures. An alternative is to use a mov-
ing average technique upon the frequency domain data. This technique is
conceptually comparable to the time domain gating approach because it du-
plicates a discrete convolution. This particular moving average performs a

h

weighted average around the i point using the neighboring n points. The

greater n becomes, the tighter the effective time gating window becomes.

The S,; parameter can be recovered from the measured data by simply
applying a moving average to the data when the phase reference is placed at
t=0 and using the proper number of neighboring points. The 5;, parameter
is recovered in a similar manner but with the data init‘ially phase adjusted
to place the second signal at ¢=0. This is accomplished by multiplying the

measured data by the phase factor of e/2%f,

The performance of this technique is demonstrated in Figures 4.22
through 4.27 where the distance from the front of the sample to the short
(d + £) was 10.012” and an X-band fixture was used. Figures 4.22 and 4.23
contain the recovered S parameters for a completely-filled cross-sectional
waveguide sample region. Figures 4.24 through 4.27 contain the recovered
S parameters for the partially-filled case for Geometries A and B. Because
of the type of processing that was used, the recovery of the S parame-

ters at the frequency band edges was not good. Note that for the moving
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Figure 4.21: Time domain plot for a one-port measurement. Completely
filled X band fixture with d = 156"
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average approach to succeed in recovering the desired S parameters, the
sample/short separation distance, £, has to be sufficiently large. A length
of at least six inches is required. Also note that the sample length should
be less than A;/2 to avoid nulls in the S parameters which is a similar re-
quirement when the cross-section is completely filled. This requirement is
based not only on the need to maintain a good signal to noise ratio but

also to avoid nulls since the moving average technique will “fill” them in.

Now that the S;; and S;; data has been determined, the extraction
procedure of the two-port method is used to find the constitutive parame-
ters. Figures 4.28 through 4.33 show the extracted ¢ and p values for the
completely-filled case and the two geometries of Figures 4.22 through 4.27.
Note that the measured and calculated values of the S parameters are in
fairly good agreement. This indicates that accurate constitutive parameter
extraction should occur. As expected, Figures 4.28 through 4.33 suggest
that accurate parameter extraction has indeed been achieved at least for the
real components. The imaginary components suffered a bit of inaccuracy
due mostly to the small amount of error introduced during the process of re-
covering the S parameters from the one-port data. For the completely-filled
case and both geometry configurations, it was found that because of this
error the imaginary component of € tended to be low while the imaginary

part of u tended to be high.
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Figure 4.26: Recovered S,; from a measured one-port file (solid) com-
pared with S;; from a two-port measurement (dashed). Geometry B with
t =.300" and d = .156” in an X-band fixture.
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pared with S;; from a two-port measurement (dashed). Geometry B with
t = .300” and d = .156” in an X-band fixture.
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* Figure 4.28: Extracted ¢, from a one-port file for a completely-filled waveg-
uide with d = .156" in an X-band fixture.
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Figure 4.29: Extracted y, from a one-port file for a completely-filled waveg-
uide with d = .156” in an X-band fixture.
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Figure 4.31: Extracted p, from a one-port file. Geometry A with t = .490"
and d = .156" in an X-band fixture.
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_Figure 4.32: Extracted ¢, from a one-port ﬁle Geometry B thh t= 300" ‘
“and d =.156" in an X-band fixture.
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Figure 4.33: Extracted u, from a one-port file. Geometry B with ¢t = .300”
and d = .156" in an X-band fixture.
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Chapter 5

Conclusions

Waveguide structures can be used to ascertain the constitutive parameters
€ and p of a material. Traditionally for a rectangular waveguide fixture its
cross section is completely filled with the material to be measured. But with
a high temperature environment, air gaps can appear which cause error in
the S parameter measurements. This lessens the accuracy of the constitu-
tive parameters that are extracted from these S parameter measurements.
This report examined the effect of air gaps on the accuracy of the extracted
parameters and provides alternate approaches to account for these air gaps
in the extraction process. An added benefit of introducing an air gap be-
tween the fixture’s side walls and sample allows a greater choice in sample
dimensions to provide for a desired level of measured signals. Also included
is a description for a single-port approach to obtain the necessary quanti-
ties (511 and S;;) obtained from the more traditional two-port approach. A
single-port approach has mechanical benefits for high temperature heating

considerations.

Errors in the measurement originate from several sources. This report
focused upon the effect of air gaps but also considered sample positioning

and dimensions error as well. Errors from calibration or fixture connections
were not considered. ; i )
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The effect of air gaps along both side walls of the fixture was exam-
ined. A small air gap oriented along the short wall of a rectangular waveg-
uide (Geometry A) was shown to have little effect on the S parameters
x-vhich means that parameter extraction should remain accurate. In con-
trast, a small air gap oriented along the longer wall of a rectangular waveg-
uide (Geometry B) alters the S parametérs significantly so that the recovery
of an accurate set of constitutive parameters would become difficult. But if
the size of the air gap in Geometry B is made larger and known beforehand
the S parameters may not change very much with small changes in the size
of the air gap. Thus the preferred orientation of the sample in the rect-
angular waveguide is Geometry B because small gaps along the short wall
that may appear with high temperature variation does not seem to impair

accurate parameter extraction as drastically as small gaps along the long

wall.

Other examined errors which occur in any rectangular waveguide mea-
surements are those due to phase offset error in S;; and sample length error.
The phase offset error which is caused by the sample not being placed where
the calibration reference was placed effected a large amount of error in the
imaginary part of the extracted constitutive parameters. Thus the posi-
tioning of the material sample must be fairly accurate. On the other hand
the accuracy of the extracted parameters is not nearly as sensitive to the

error between the actual and assumed lengths of the material.

The two-port and single-port approaches to S parameter measurement
were discussed. The two-port approach requires simply acquiring S;; and Sy,
and initiating the extraction process. The one-port approach would be more
suitable to high temperature variation since only one end of the waveguide

would be necessary to acquire S;;. The one-port method involves recover-
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ing the equivalent S;; and S;, parameters of a two-port system from the
one-port S;; measurements. Because the one-port approach requires an ad-
ditional signal processing step, it does not yield as accurate € and p values

as in the two-port approach.

The accuracy of the presented single-port technique relies heavily upon
knowing the separation distance between the material sample and the short
very accurately. This may have limitations for elevated temperature mea-
surements. An alternative to this technique but still using a single-port fix-
ture is to measure the return from two material samples of different lengths
which have their far side positioned against a short. This technique is simi-
lar to the presented technique but with no separation distance between the
material sample and the short. With this alternate technique, two different
sample lengths have to be measured to acquire two independent responses.
The presented technique acquires two independent responses through signal
processing. Such processing is not possible when the separation distance is

Z€ro.

Finally, significant error is introduced in the imaginary component of
the extracted € and pu values when the loss is small. This result occurs in
any transmission line measurement. Vectorially examining the extracted
values indicates the explanation. A small change in the magnitude or angle
of this vector will result in only a small change in its real component while
a significant change will occur in its imaginary when the loss is small.
However, the uncertainty in the loss value is minimized when a sufficient

sample length is used.
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Appendix A

The Self-Consistent Technique

The self-consistent procedure is used to simplify the analysis of the two-
and single-port waveguide problems. Potentially, one method used to find
the reflected and transmitted fields in a two-port problem is to expand the
fields in the three different regions of the waveguide and thén enforce the
boundary conditions at the two material interfaces. The desired solution
then requires a matrix inversion. The size of the required matrix to be
inverted can be reduced to one half the size if only one interface boundary
(semi-infinite problem) needs to be enforced. The self-consistent technique
provides this smaller dimensioned matrix to be inverted. This benefit re-
sults in a faster solution when the order of the matrix becomes large. The
desired two-interface problem can be solved with the one interface results.
Formally the size of these matrices is infinitely large, but in practice there -
are N x N matrices where N is the number of terms kept in the modal

expansions.

Once the scatiering matrices are known, they can be used in the formu-
las for the reflected and transmitted fields. These formulas will be derived
next using the self-consistent procedure for the two-port and single-port

formulations.
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I Two-Port Formulation

Referring to Figure A.1, let [A7] denote the vector containing the ampli-
tudes of the modes of Region II traveling in the +7# (-z) direction and [47]
the amplitudes of the modes traveling in the -n (+2z) direction. Then the

reflected and transmitted fields can be decomposed as

1B = [sn][E] + [s:2][4°] Al
and

[BY) = [s12]lP)[A7] (A.2)

where [E'] is the incident field vector and [P] is the diagonal matrix account-

ing for the propagation phase delay of the modes over the path length d.

B \\\\\\\\\\\ K%
I \\ 11\&\\\_ III

z=0 d
= [A+]
— [A-]

Figure A.1: Waveguide regions for the two-port approach.

The Vt;ctors [A*] and [A7] can berexipresrsed as
[AF] = [P][s2][P][A7] (A-3)
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and

A7) = (sl B] + [saall4*]. (A4)
Inserting Eq. (A.3) in (A.4) gives

(47 = loal ] + [saallPllszl P A7]. (45)
Rearranging Eq. (A.5) leads to

[47] = (7 = [saallPllonl ) [sarll . (A6)
Substituting Eq. (A.6) back into (A.3) gives

4] = [Pllsnll P (I = [szallPllzallP1) ™ foml[ B (A7)

Inserting Eq. (A.7) into (A.1) gives the equation for the reflected field and

is given by

[ET] = {[311] + [s12][Pl[s2] [P (I - [522][}’][322][13])_1 [321]} [E'] (A.8)

and inserting Eq. (A.6) into Eq. (A.2), the expression for the transmitted
field is

[E'] = [s12][P] (I — [s22][P][s22][P]) ™" [sm][E"]. (A.9)

II Single-Port Formulation

For the single-port method where a short i1s placed a distance £ from the

end of the dielectric material, the self-consistent procedure is used again
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to determine the reflected field from the scattering matrices. Referring to
Figure A.2, let the vectors [A]] and [4] denote the amplitudes of the modes
of Region II at z=0 traveling in the +7 and -7 directions, respectively, and
let [A}] and [A;] represent the amplitudes of the modes of Region III at
z=d traveling in the +7 and -7 directions. Then the reflected field can be

expressed as

[E™] = [su][E"] + [s12][A]] (A.10)
where

[Af] = [P][s2][P][AT] + [P1)[s21][4]], (A.11)

[A7] = [sallE’] + [s22][4]], (A.12)

[A7] = [P][sr][P:][A7] and (A.13)

[47] = [s0][P][AT] + [s11][AF] (A.14)

where [E] is the incident field vector, [sy]=~1 is the scattering matrix for
the shorted end, [P;] is the diagonal matrix accounting for the propagation
phase delay of the modes over the path length d and [P,] is the diagonal

propagationrmatrix over the path length £.

Inserting Eq. (A.13) into Eq. (A.14) and rearranging gives
[A7] = (I = [sul[Pa][sr][P2]) ™" [s1a] [P1)[ A7 )- (A.15)

Substituting Eq. (A.15) back into (A.13)

[43] = [Po]sr][Pa) (T = [su] [ Pel[sr][Pa]) ™ [sa2][P][AT). (A.16)

Putting Eq. (A.16) in (A.11)
[Af] = {[P]ls2][P1]
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z=0 z=d z=d+!

= [Al+] —=—[A2+]

—[Al-] ——=[A2-]

Figure A.2: Waveguide regions for the one-port approach.

+ [Pl ][Pa]lsr)[P] (I — [sn1)[Pa][sr][P2)) ™" [s12][P]} (A7 ]

= [M][A]] (A.17)
where

[M] = [Pi]{[s22) + [s21][Po][sr][ P]
(I = [su][Pa][sr][P2]) " [s12] } [P1). (A.18)

Inserting Eq. (A.17) into (A.12) and rearranging leads to
[A7] = {1 = [s22)[M]} " [s21] [E]. | (A.19)
Substituting Eq. (A.19) back into Eq. (A.17) gives
[A] = [MI{I — [s22][M]} " 8] E7). (A.20)

Finally using Eq. (A.20) in (A.10) and the fact that [sp]=—1I, the reflected
field is
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[E] = {[s11] + (312 [M'] {I = [s22][M']} " [s0] } [EY). (A.21)

where

(M) = [P]{ls2] — [521)[P2][P,]
(L + [su][P[P2]) 7" [s1] } [P1]. (A.22)

94



Appendix B

Scattering Matrix Formulation
for Geometry A

This section deals with attaining the elements of the scattering matrices
which are to be used in the self-consistent procedure shown in the previous

appendix for Geometry A.

First the scattered fields are defined below for Regions I (z < 0) and
I (z > 0) where the scattered fields denoted by a superscript s are prop-
agating or attenuating in the -2z direction for Region I and propagating or

attenuating in the +2z direction for Region II.

Region I
E;’I = iani’ner"’ (B.1)
n=1
and
H = i a,Y,®,e* (B.2)
n=1
where

2
$, = \/—sin H—w, (B.3)
a a
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2
r: = (1}) —k? and (B.4)
I'n

Y, = = . .
32ok, (B.5)
Region II
E;'” = an\liﬂe_""‘ (B.6)
n=1
and
H;'" = — Z b, Y; . ¥,e " (B.7)
n=1
where
¥, =Csink,, = for0<z <,
v, = C'i—:&ffﬁ sinkg, (a —z) fort <z <a,
Yo = ki, — Kep = k5, k2, (B.8)
"1n=,-—szm for 0 <z <H{,
Yon = J_ZI:IT,, fort<z<a

and C is a normalization constant. The constants k,,, and k., satisfy the
following transcendental equation and are found using an iterative Newton-

Raphson technique.
—~kgz,, cos kg, t sink,, (a —1t) = p.ks,, sinkg,,t coskg, (a—1t) (B.9)

To get the first column of the s;; and s,; scattering matrices, it is as-
sumed that the TE;, mode in Region I is the excitation mode propagating
in the +z direction and incident on the material junction (2=0). The ex-
citation field quantities of Region I denoted by the superscript ¢ are given

by
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E| =™ (B.10)
and
H: = -Y,$,e . (B.11)

Matching the total tangential E and H fields (incident+scattered) at

z =0 gives
(14 a,)® + i a,®, = f: b ¥, (B.12)
n=2 m=1
and
—(1—-a)Y1®, + i a,Y, &, = — i b Yim ¥om. (B.13)
n=2 m=1

Multiplying the above equations by the test functions ¢, (¢ = 1,2, 3, r)s
integrating from z=0 to z=a, keeping the first N terms of the series and

rearranging gives

N
6011 = Z(_aﬂsqn + bnpqn) (B14)
n=1
and
N
Y16q1 = Z(anYnéqn + bnYOann) (B.15)
n=1
where
: 1 forg=n
bon = , (B.16)
0 forg#n
Py = ja ®,¥,.dz and (B.17)
0
4 a
Q= = [ B¥udz + [ @,¥nde. (B.18)
pr Jo t
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In matrix form Eqs. (B.14) and (B.15) are

[X](5] = [E]

(B.19)

where the matrices X,S,and E are illustrated in Figure B.1.

[X]=

[s1=

100-+-0] B, By *°* By
0-10 - : le P22 PZN
o B

. - : L ] [ ] ¢

0 . . 0 —1: PNI PN,Z s v e PNN
________________ AR | S . A .
Y, c0 0 01 Y00 %002 0 Yoniy

00
0 Y,0+--0 ::Ytl}QuYongz' * 0 Yoo
I »

v 0y, i%;QNI%ZQN2. ’ '.YONQ"_"

1st COLUMN
OF s,, MATRIX

< E 0

[El= %

1st COLUMN 0

fop S,; MATRIX :
.._0_)

1st COLUMN

> OF EXCITATION

MATRIX

Figure B.1: Matrix solution for the first column of the s,; and s;; scattering
matrices. Geometry A.

To get the k* (k = 2,3,...,N) columns of the s;; and s, scattering

matrices, the incident fields of Region I are

Ei =&,

and
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H! = -Y,®,e =, (B.21)

Then the same procedure shown above is used.

To get the k** columns of the sy, and s,, scattering matrices, the incident
field now propagates (or attenuates) in the -z direction in Region II and

one uses the following incident field expressions for Region II:

E) = ¥, e™* (B.22)
and

Hi =Y, We™. (B.23)

The entire matrix structure is illustrated in Figure B.2 where the X

matrix in Figure B.2 has been partitioned into four parts.

-1

e e
PO P S,
[l
|
1
'
|
1
:
|
1
1
1
|
|
'
L
]
1
(
{
|
|
1
1

[s,,]

Figure B.2: Complete matrix solution for all four scattering matrices. Ge-
ometry A.
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Appendix C

Scattering Matrix Formulation
for Geometry B

This appendix shows how the elements of the scattering matrices needed

{for the self-consistent procedure are attained for Geometry B.

First the scattered fields are defined below for Regions I and II where the

scattered fields denoted by a superscript s are propagating or attenuating

in the -z direction for Region I and propagating or attenuating in the +z

direction for Region II.

Region 1
IN§
Ey
Ea,[
Ha,I
'8
H v
where

@I

oo

= Y a¥A,zZM e,
n=0
oo

= Z(a:IBn +afC. ZE YoM,

n=1

= aglA()(I)ger"’ + Z(aﬁlAn + aan)@,I,er"',

n=1

o0
- E mM_Tnz
= =Y afC,2]e

n=1

2

1 o1 X2
B {\/;sma

b

forn=10

isin®Ecos Y form =1,2,..
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(C.2)
(C.3)

(C.4)

(C.5)



n

Ch
Region 11
s IT
E;

a IT
Ez

s, I
H;

Hl,”

where

2
o

\/5 T ., nmy
bcs . in—=,
nm\? mr\2
=) i )
(b) ot al’
’- nT 2‘
j (k- (%)
weel'y
“"F‘OFn

i - ()]

o0
M AMopMigIM_—+M.;
anAnZn P, e,

n=0

oo

MpopMgIOM_—yM: ENE gE\OE —~%
Z(ann ‘I’n € " +annZn ‘I’n € ,,1),
n=1

M
—bM AN YIM =02

- (N AN gt | BEBEWIE ),

n=1
ad 1 E
S pECEL g IE s
n=1 i

3

1 for0<y<1
0 fort<y<b
for0<y<t

sin a cos kl"l t
cosk}, (b-t) von

T { cos k;lny

for0 <y <t

cos sinkj ¢
sink}, (b-t) won

T { sin k;lny

2
k;inz - k? + (I) ?
a
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cosk! (b—y) fort<y<b ’

sink! (b—y) fort<y<b ,

(C.13)

(C.14)

(C.15)

(C.16)

(C.17)

(C.18)

(C.19)

(C.20)



N x\2 M2
gmi _ 2 (&) - ] (C.21)
" we v ’ ' .
zF = b (C.22)
. - E?
J (;) —711]
AY = jwery), | (C.23)
Bt — ™ g C.24
n = 2 an ( . )
2
CE - (%) - (C.25)

The constants kgfn and kM satisfy the following transcendental equation

and are found using an iterative Newton-Raphson technique.

M M M LM My o pb
—k, sink; t cosk, (b—t)=e.k, cosk, t sin kM (b—1t). (C.26)

on n

The constants kL and k satisfy the following;
—kﬁn cos kfmt sin kﬁm(b —t)= y,kﬂn sin kint cos kin(b —t). (C.27)

To determine the first column elements of the s;; and s;; matrices,
the TE;p mode (or TM,,,) in Region I is assumed to be the excitation
mode propagating in the +2z direction and incident on the material junc-

tion (z=0). The excitation quantities exist only in Region I and are

E} = AyZ}) dge 7, (C.28)
Ei=0, (C.29)
H: = — Ap®leTox (C.30)
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and
H;=0. ‘ (C.31)
Matching the total tangential E and H fields (incident+scattered) at

z=0 gives

(14 a9 )AoZg @G+ Y anAnZy'® = 3.
n=1 m=0
m=1

pMAM ZMigIM & ((.32)

S (@M B, + aEC,ZE)RT = 3 (M BMuIM
" | +bECEZEWIE),
(C.33)
—(1 - ag")Ao®g + i(aﬁ’An +dEB,)®! =
n=1
AN = 3 (AN 4 BB (C.34)
m==1
and
_Serc.er = Sortens. (©.35)

Multiplying Eqs. (C.32) and (C.34) by the test {unctions
Q; (¢ = 0,1,...,N), multiplying Eqgs. (C.33) and (C.35) by the test func-
tions (I)g (¢ =1,2,...,N), integrating from y=0 to y=b, keeping the first
N terms of the series and some rearranging gives

o

AZMSo = So(~aMA,ZM,, + B AN ZINQIN), (C.36)
n=0

0 = Y {~(a¥Bn+aECaZE)8ym + VM BM PEN
n=1

+ECEZE PIEY (C.37)
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Ao 6q0 -
a Aobgo + b)Y AY PIM

+ 3 {(a¥An + aBB,)be + b AMPIM | 4EBE PIF } (C.38)
n=]1

and
0=73 (a7Cnbyn +bECFQEE (C.39)
n=1
where
1 forg=n
bgn = : (C.40)
0 forg#n '
b
P = [ eleltay, (C.41)
b
PI = /O Ty, (C.42)
t b
w = [eluMayie, [“@10Mday and (C.43)
0 t
t b
o= [ elviTay+p, [ alulFay (C.44)

Egs. (C.36),(C.37),(C.38) and (C.39) are given in matrix form as
[X][S] = [E] (C.45)

where the matrices X, S, and E are illustrated in Figure C.1.

To get the k** (k = 1,2,...,N) columns of the s;; and sy scattering

matrices, the incident fields used in Region I are
E, = A Z) dfe™ T, (C.46)

E: = B,@Me T+, (C.47)
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H: = —A,®fe T (C.48)
and
H =0. (C.49)

Then the same procedure shown above is used.

To get the k'** (k' = k 4+ N) columns of the the s;; and sy; scattering

matrices, the incident fields in Region I are

Ei =0, (C.50)

Ei = CuZEdfe Twe, (C.51)

H: =7-Bk,q>,{,e-ﬁ" (C.52)
and

H = Codpe T2, (C.53)

To get the k** (k = 0,1,...,N) columns of the s;; and s;; scattering
matrices, the incident field now propagates (or attenuates) in the -z direc-
tion in Region II, and one uses the following incident field expressions for

Region II:

El = AMZMigIMen's, (C.54)

, BMyIMev's for k £ 0
i {""e ork#0 (C.55)

0 fork=20
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H = AM@IM ' (C.56)

and
H; =0. (C.57)

To get the k'** (k' = k + N,k = 1,2,..., N) columns of the the s,; and

s21 scattering matrices, the incident fields in Region I are

E. =0, (C.58)

E! = CEZE'QIE = (C.59)
and

H = BEWIE s (C.60)
and

Hi = —c’ﬁiﬁw,{’,%*ﬁ‘. (C.61)

The entire matrix structure is illustrated in Figure C.2.
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Figure C.1: Matrix solution for the first column of the s;; and s,; scatiering
matrices. Geometry B.

107



Figure C.2:
ometry B.
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Complete matrix solution for all four scattering matrices. Ge-
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Appendix D

Determination of Gamma
Constants

The calculation of the S parameters for a partially-filled waveguide requires
finding a set of gamma (propagation) constants. For Geometry A the
gamma constants v, (n = 1,2,3,...) used in the series expansions for the
S parameters satisfy the transcendental equation
ks, cos kg, t sink,,, (a —t)+ prks,, sinke, t coske,,(a —1) =0
(D.1)

where

2=k —kle.p =K — k2. (D.2)

Zun

For Geometry B, the TM, gamma constants ¥}’ (m = 0,1,2,...) must

satisfy
k:{m sin kﬁfmt cos kxm(b —t)+ e,k'y":m cos k:{mt sin k:{{m(b -1)=0
(D.3)
and the TE, gammas 7E (n = 1,2,3,...) satisfy
kﬁn cos kf‘nt sin kin(b —t)+ p,ki"_ sin kint cos kfﬂn(b —-1)=0
(D.4)
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where

U

t2 i 2 2 2
"y" = k —_ k" + - 3 (D's)

Vin a

. 1 for0<y<t

i = B (D.6)
0 fort<y<b

Each of the above transcendental equations contains an infinite number
of roots. The method of obtaining the gamma constant for a particular
index number n involves first finding the value which satisfies the above
transcendental equations for the completely-filled (or empty) case. The

cf

exact gamma value 75" of a completely-filled guide for Geometry A and

index n is given by

. A2 /n)\?
‘)’Sf = ]kog/ErﬂrJl ad 9 (‘b') . (D.7)

de, ptr

The exact gamma value for Geometry B of a completely-filled guide is given

by

£t = jkomJI - [(E)Z*L (m- (D)

de.pu, | \a

Then the dimension t in Eqs. (D.1) through (D.4) is decreased from
cf

the completely-filled case by an increment At, and the initial gamma «,
calculated in Eq. (D.7) or Eq.(D.8) is used in the first iteration to find
the gamma which satisfies the appfopriate transcendental equation. This
gamma value is then the initial value used in the next iteration where the
current value of ¢ in the transcendental equation is again decreased by Al.
This process is continued in irncri'errnents of At until the desired dimehsion t

is reached.
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For each t used in the above procedure a Newton-Raphson iteration pro-
cess is used to find the gama constants which satis{y their transcendental

equations.

Problems may occur in the search when At is not small enough. Also,
finding a wrong gamma may occur when a gamma passes through zero in
the complex plane during the iteration. A plot of how the gammas for
different modal indices vary with ¢ is given in Figure D.1 for Geomelry A
and Figures D.2 and D.3 for Geometry B. A plot for varying {requency is

also given in Figure D.4 for Geometry A only.

The number of gamma constants actually needed to calculate the S pa-
rameters depends on the desired accuracy of the S parameters. Figures D.5
and D.6 illustrate how the S parameters vary with the number of gamma
constants (modes) used in the calculations for Geometry A. Similarly re-
sults for Geometry B are presented in Figures D.7 and D.8 where a number
N modes used refers to (N + 1) TM, modes and N TE, modes. The above
figures used ¢, = (4.0,—7.2) and p, = (1.2,—3.12) in an X-band fixture.
The typical number of modes used to generate the plots throughout this

report was six for both geometries.
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Figure D.1: Plot of alpha vs. beta from ¢ = 0 to t = a where vy = a + j0.
Geometry A in an X-band fixture (.4"2.9") with ¢, = (4.0,—7.20),

g, =(1.2,-5.12), d = 0.3" and f =10 GHz.
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Figure D.2: Plot of alpha vs. beta for TM, modes from ¢t = 0 to ¢t = b
where v = a + jB. Geometry B in an X-band fixture (.4"2.9") with
e, = (4.0,—7.20), p, = (1.2,—5.12), d = 0.3" and f = 10 GHz.
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Figure D.3: Plot of alpha vs. beta for TE;, modes from ¢ = 0tot = b
where v = o + j8. Geometry B in an X-band fixture (.4"2.9”) with
e, = (4.0,—7.20), p, = (1.2,-3.12), d = 0.3" and f = 10 GHz.
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Figure D.4: Plot of alpha vs. beta from f = 8 GHz to f = 12 GHz
where ¥ = a + jB. Geometry A in an X-band fixture (.4"z.9") with
e, = (4.0,—7.20), p, = (1.2,—5.12), d = 0.3" and ¢ = 0.6".
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Figure D.7: S;; vs. number of modes used in calculations. Geometry B
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118



1 2 3. 4 5 6. 7 8. 9 10. .
o | | | | | | ] | ()
x© : : ©
%
O 8_ ................................................................................ § ...................... ._8
O: H
()
Ll
o :
z o_.‘ ...................... :: ................................................................................ —o
LiJ §
2 o o
I ml—. .......... ErEEEEE r{. ......... Jevarsruvesrstieanrmreas Y :ervevmerssnrnrrvnniny Veroarmumrraansspmovwnan .—clj
Q-
o o
@© o
| 1

[Tg] <D
o) o
[q V] N
| |
a8
()
~ ~
=z & -
| |
LaJ
o
)
—
= o (e ]
) =l | O
< 7 "
=
L] M
CD. M M . M : . H M C)_
" T ] ] ] T ] ] I o
r, 2. 3 4 5 6 8 9. 10.!

4 MODES USED

Figure D.8: S, vs. number of modes used in calculations. Geometry B

with £ = .3", d = .3" and f = 10 GHz.

119



Bibliography

[1] B.M. Kent, “An Automated Dual Horn-Reflector Microwave Absorber
Measurement System,” M.S. Thesis, The Ohio State University Elec-
troScience Laboratory, Department of Electrical Engineering, Colum-
bus, Ohio, 1981.

[2] Handbook of Microwave Measurements, edited by M. Wind and
H. Rapaport, Polytechnic Institute of Brooklyn, Vol. 1, Section X,

Appendix I, p. 29, 1955.

[3] Techniqué of Micrrorwaver Mqag}x;éments, edited by C.G. Montgomery,
McGraw-Hill Book Co., New York, p. 576, 1947.

[4) C.H. Krueger, “On the Inaccuracy of Determining Complex Dielectric
Constant by the Coaxial Transmission Line Technique,” M.S. Thesis,
The Ohio State University, 1966.

[5] R.F. Harrington, Time-Harmonic Electromagnetic Fields, McGraw-
Hill Book Co., New York, pp. 158-163, 1961.

[6] R.E. Collin and R.M. Vaillancourt, “Application of Rayleigh-Ritz
Method to Dielectric Steps in Waveguides,” IRE Transaction on Mi-
crowave Theory and Techniques, Vol. MTT-5, pp. 177-184, July 1957.

[7) R.E. Collin, Theory of Guided Waves, McGraw-Hill Book Co., New
York, Chapters 6 and 8, 1960.

[8] HP Product Note 8510-3, “Measuring Dielectric Constant with the HP
8510 Network Analyzer,” Hewlett-Packard Company.

[9] J. Munk and A. Dominek, “Calibration of Automatic Network Ana-
lyzers,” Report 723224-1, ElectroScience Laboratory, The Ohio State
University, September 1990.

120

1l



[10] A. Altintas, P.H. Pathak and W.D. Burnside, “Electromagnetic Scat-
tering from a Class of Open-Ended Waveguide Discontinnities,” Re-
port 716148-9, ElectroScience Laboratory, The Ohio State University,
pp- 16-26, March 1986.

[11] A.K. Dominek, L. Peters, Jr. and W.D. Burnside, “A Time Domain
Technique for Mechanism Extraction,” IEEE Transactions on Anten-
nas and Propagation, Vol. AP-35, No. 3, March 1987.

121






